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ABSTRACT

Since Western simplified helicopter performance predictions were discussed by Gessow in his 1985 Nikolsky
Lecture', attention has been focused on Soviet procedures as exemplified in Vil'dgrube's book entitled
He/icopters 2 • Using the simplified approaches from that book, the following aspects of hover OGE were
examined for single·rotor and coaxial configurations: (a) determination of basic characteristics of isolated
rotors, (b) download calculations for helicopters, and (c) predictions of helicopter SHP required. Horizontal
flight aspects were examined by determining the SHP required by single·rotor helicopters. Predicted figures
for several Western helicopters and NACA coaxial rotors were compared with full·scale ground and/or
flight test results, generally showing good to very good agreement. In addition, some basic aspects of the
flat·wake concept are also briefly discussed.
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1.

Introduction
In the domain of predicting aerodynamic characteristics of isolated rotors and performance of

com~

plete rotary-wing aircraft, one should note that in the West there is a definite tendency toward larger and
larger computational programs based on more and more complex conceptual models. However, in parallel

with this drive toward perfection through sophistication and complexity, there seems to exist a genuine need

for some approximate, but simple, solutions to the problem of quantitative evaluation of various phenomena
of rotary-wing aerodynamics. This is especially true with respect to performance predictions where simolified methods should obviously be quite useful in practical engineering in such applications as concept formulation and preliminary design of rotorcraft.
As far as Western rotary-wing technology is concerned, the whole aspect of simple approaches was

very ably discussed by Gessow in his 1985 Nikolsky Honorary Lecture 1 • There, he indicated and supported
his statement by numerous examples that many of the approaches taken during the early years of helicopter
development are still capable of predicting aerodynamic characteristics of isolated single- and multi-rotor
configurations with good, and often better, accuracy than those obtained through sophisticated computer
programs. This was true in spite of the fact that those early approaches were usually based on simple concepts
of the combined blade-element and momentary theories, or uncomplicated vortex systems.

It is obviously of interest to know whether in the other important school of rotary-wing technology
- namely, in the Soviet Union - there is a trend, or at least a discussion, related to the use of simple approxi-

mate methods in solving some practical engineering problems of rotary-wing aerodynamics and especially,
performance prediction of helicopters.
In this respect, Vil'dgrube's book entitled Helicopters - Calculation of Integral Aerodynamic Characteristics and Flight-Mechanics Data' may be .cited as an example of an effort in that direction. This book
may also be considered as a companion text to Theory of the Lifting Airscrew' (coauthored by Vil'dgrube),
from whose sophisticated contents the author of Ref. 2 worked out a series of formulas and graphs which
would be helpful, not only to perform the aerodynamic calculations, but also to expeditiously select the
configuration of the lifting-rotor blade and parameters of the helicopter.
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It should be noted at this point that in Refs. 2 and 3 the interpretation of the physical aspects of
aerodynamic phenomena encountered by the rotor, as well as the resulting computational procedures, were
almost entirely based on the vortex theory (called the Joukowsky theory in both books). However, in Ref. 2,
the scope of the conceptual models based on this principle is much narrower.
In Ref. 3, Theory of the Lifting Airscrew, the blades were modeled by both lifting line and vorticity
surfaces, and various wake types ranging from noncontracting cylindrical wakes in axial translation to com·
pletely free wakes in both axial translation and in flights with horizontal components were examined.
By contrast, In Ref. 2, the blades are exclusively modeled by single lifting lines, while rotor wakes
are assumed to be of cylindrical shapes in hover and vertical translation, and are considered to be flat in
forward flight. Examination of the shapes of spanwise circulation distribution combined with noncontracting .
cylindrical wake concepts became one of the principal tools in developing practical formulas for performance

predictions in hover and vertical translation. Forward flight phenomena are chiefly interpreted with the help
of the flat·wake concept, although a strict applicability of that approach Is limited to the following range of

advanced ratios:
1.63v'C; ,;;; J1 ""

v,;;;

0.26.

When Vil'dgrube's book was reviewed by the authors of this paper, it became clear that the Soviet
text contained many potentially useful simple approximate methods and procedures for determining aero·
dynamic characteristics of isolated single and multirotor configurations and performance predictions of
complete conventional helicopters of single·rotor, coaxial, and tandem configurations. It also contained such

interesting simplifications as performance predictions of winged and compound helicopters, as well as rotor
optimization in hover and forward flight. The question, however, is whether these approaches are consistently
accurate enough to make them suitable for practical engineering applications.
In order to ascertain the answer to this question, it was postulated that some of the short·cut
approaches taken by Vii' dgrube would be selected and applied to the calculations of aerodynamic character·
istics of Western isolated rotors and performance predictions of complete helicopters. The results would then
be compared with data from actual flight tests or experimental data preferably obtained from full·scale tower
or wind·tunnel tests.
The following cases are presented as examples of such comparisons.
e

Hover OGE

a.
b.

c.
d.

•

Aerodynamic characteristics of single isolated rotors
Aerodynamic characteristics of coaxial isolated rotors
Helicopter download
Helicopter engine power required .

Engine Power Required in Horizontal Flight
a.

Formulation of the problem

b.

Flat·wake concept
Aerodynamic interaction of twin-rotor configurations
Single·rotor helicopter

c;

d.
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Obviously, one would find that some of the simplified procedures of Ref. 2 are, in principle, quite
similar to those used in the· West and have been described in numerous reports and such textbooks on rotary·

wing aerodynamics as, for instance, Refs. 4 and 5. However, there is enough difference In the philosophy of
1

presentation and formulation of actual procedures to merit examination of Vil dgrube's approaches in their

original forms. Therefore, in order to facilitate the Western reader in following this paper, all formulas taken
from Ref. 2 and presented here have been converted using Western symbols and coefficients and U.S. units of
measure. The procedures are described in sufficient detail to enable one to perform his/her own calculations.
2.

Hover
2.1

Aerodynamic Characteristics of Single Isolated Rotors in Hover OGE
2.1.1

General

Ways of calculating the characteristics of single isolated rotors in hover OGE are presented by first
using the four-section, and then the single (representative) blade section computational approaches from
Ref. 2. Both approaches are applied to the YUH-61A rotor, representing rotors with rectangular blades.
For the case of rotors with tapered blades, a single rotor from the NACA coaxial configuration is examined,
using the single-section approach only.
2.1.2 Outline of Procedure for Four-Section Approach
The procedures outlined here for the case of four-blade sections can obviously be extended to a larger
number of blade stations once the basic principle of that approach is understood.
The four-section procedure presented here adheres to the outline given in Section 1.1 of Ref. 2, where

f= 0.2, 0.45, 0.7, and 0.95 were selected as representative blade stations.
A relationship between the blade-section lift coefficient ( c1;-l and the blade-section pitch angle (Op)
was established and then presented in graphical form.
The steps required for the determination of the Cf = f (0;) relationship can be summarized as follows:
(say, 0, 0.2, ... 1.0) are assumed for each of the representative sections, and the correseveral local Cf values
spending angle-of-attack values for the local airfoil sections are determined from the C[ = f(a) graphs at proper
Reynolds and Mach number values. Next, the corresponding relative circulation (i';) is computed for the
assumed sectional c1 values:
(1)

where

c, is the relative blade chord (c; = c,/R) at station f.
Knowing the local circulation, the corresponding local induced velocity in nondimensional form

(il;-) is computed:

Vr

=

y,Jbf',!rr

(2)

where b is the number of blades. The induced inflow angle (¢,) is then obtained:

¢; = arctan

v·;/"i.
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(3)

The sum of the local inflow angle and the blade section angle of attack gives the local pitch angle lOr-)
required for obtaining the assumed local blade-lift coefficient value. From this data, a graph expressing the
c1_= f(e7) relationship can now be plotted (for example, see Fig. 1 ).
r
.
The procedure required for computing Cr = f{Ca) are quite simple: Several values of the collective
pitch angle 0 , defined as 0
e7 , are assumed. Knowing the built-in blade twist
= f(P)} and thus, the
twist increment {.6.8°r) at each of the representative blade sections, the local blade pitch angle corresponding
to the assumed blade collective pitch values can be determined as

e

e

=

(e,w

(4)

Then, from the previously prepared c1 = fWr) graph, the corresponding values of c1 , c1 , etc., can be read.
2
4.5
This, in turn would permit one to find the cd values associated with the previously obtained c/s from the
cd = f(c 1) relationship for the local airfoil sections at the proper Mach and Reynolds numbers.
The Cr values can now be determined {either graphically or numerically) from the following:
1.0

Cr

=

Y.X(b/rr)

J c1c,'d

1.

(5)

where X is the tip-loss factor whose value is usually assumed in Ref. 2 as 0.94. The rotor thrust coefficients
can be computed for each assumed collective pitch angle. However, should the so-obtained C T value be so high
that

VCT/b >

(6)

o.o25,

a new tip-loss factor value must be estimated from Fig. 2 (Fig. 1.2 2 ) as follows.
Compute 0:*, which represents the relative distance between the tip vortex filaments, as

(7)

ii. = 2rrii/b,

where V is the relative induced velocity averaged over the rotor disc, and may be assumed as approximately
equal to the ideal induced velocity, including the tip-loss factor

v
or

=

(8)

0.707..f07X

v may be approximated by i/7; i.e.,

r

induced velocity at == 0.7.
Read the new tip-loss factor value from Fig. 2.
Since two different shapes of radial circulation distribution are assumed in Fig. 2, the character of the
actual circulation distribution along the blades must be established in order to read a correct figure value

n.

·(say, by plotting f; vs.
Once the correct levels of the tip-loss factor (X) are verified, further computations of Caind can be
continued by enumerating the values (numerically or graphically) of the following integral:
1

Caind

=

(b/rr)

J r rv
7

i'o
where the i77values are computed from Eq. {2).
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(9)

The Co

pr

values are estimated (again, graphically or numerically) from the following integral;

CaP, =

(b/2rr)

Jcd,c-;' dF,

(10)

0

where cdr values obviously correspond to c11 at proper Mach and Reynolds numbers.
Finally, Co= Cp is calculated as
Co
Now, the Cr = f(Ca) or FM

= f(C ria)

=

Caind

+

(11)

Cap,·

relationships can be compared with experimental figures.

2.1.3 Outline of Procedures for Single·Section Approach

!3asic Approach. The single·section approaches of Ref. 2 represent one of the simplest ways of approxi·
mately determining aerodynamic characteristics of isolated rotors (incorporting either rectangular or tapered

blades) of single and twin configurations in hover OGE. In both cases, rotor characteristics are derived from
aerodynamic events occurring at the representative blade section, assumed in Ref. 2 to be located at
0.7. The influence of these events, occurring at a single section, on the behavior of the whole rotor are

r=

inte~

preted with the aid of auxiliary graphs reflecting the significance of blade geometry; i.e., its planform 3nd
built·in twist.
The influence of the above two parameters on the rotor induced power coefficient I 0

-

reflecting

the influence of the nonuniformity of the downwash only on the ratio of actual induced power to the ideal
power, but excluding tip losses -can be determined from Fig. 3 (originally Fig. 1.14 2 ). The definition of the
taper ratio is also given at the top of this figure.
The influence of the blade taper on the thrust coefficient (Cr) and profile torque coefficient (Cap,)
values can be interpreted with the help of the respective kr and kpr coefficients shown in Fig. 4 (based on
values given in Ref. 2, pp 18 and 19).
Tapered Blades. Consecutive steps leading to the establishment of the Cr vs. Co relationship for rotors
incorporating tapered blades begin with the assumption of several values of the average blade·lift coefficient
(CJ 0 },

considered to be of the same value as

CJ •
7

Then, the cd values corresponding to these Ct 0 's are deter-

mined, with due consideration of the Reynolds and Mach number values at

r = 0.7. Now, the rotor torque

coefficient due to the profile power can be computed as
(12)

where the symbola 7 signifies that rotor solidity is based on the blade chord at r= 0.7, and the kpr coefficient
accounts for the taper influence.
Next, the thrust coefficient Cr is determined as
(13)
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where the 0.1563 coefficient incorporates the tip loss factor of X = 0.94, and the kr coefficient reflects
taper influence.
Upon determining the induction factor 10 due to the downwash nonuniformity depicted in Fig. 3, the
rotor torque coeffjcient related to the induced power can be calculated as
(14)
Finally, the total rotor torque coefficient is computed as the sum of Ca pr and Ca.tn d'
Rectangular Blades. For rectangular blades, the basic procedure is the same, with the exceptions
that, obviously, k r and kpr = 1.0.
2.1.4 Comparison of Predictions with Test Results
Isolated Single Rotors. Using the four-section (2.1.2) and single-section (2.1.3) approaches, the Cr
vs. Cp (Col and FM vs. Cr!a relationships were established for the following helicopter rotors: Boeing Vertol
YUH·61A and CH-470, Sikorsky S-76, and MBB B0-105 for which full-scale test results as well as all neces·
sary inputs regarding blade geometry and airfoil characteristics at the required Reynolds and Mach numbers
were available.
Figs. 5 and 6 are shown as typical examples where tower test6 results are compared with the four·
and single-section predictions for the YUH·61A rotor. Looking at these figures, one can see that in this case,
the four-section method produced a very good agreement with the test data throughout the whole range of
measured Cr and Crla values.
The single-section approach appears to provide actual rotor performance equally well up to C7 Ia""
0.07 (Fig. 6). However, at Crla

> 0.07,

predictions of the single-section procedure appear too optimi>tic.

This, of course, should be anticipated, since the so-called representative station of r= 0.7 does not adequately
reflect aerodynamic events occurring in the tip region.

Results similar to those shown in Figs. 5 and 6 were also obtained for the three other investigated
rotors. Absolute percentile deviations in the predicted figure-of-merit levels from those based on the full·
scale obtained C T and Co values are shown in Fig. 7. One can see from this figure that the trend discussed in
conjunction with the YUH·61A rotor can be considered as the general one.
It appears, hence, that the four-section approach of Vii'dgrube is quite accurate in predicting performance of single rotors in hover OGE. Thus, it can be used with confidence, at least in the preliminary
design and concept-formulation stages. The single-section approach of Ref. 2, in spite of its great simplicity,
can also be of value in the above-mentioned tasks, at least for conventional helicopters, when Crla is
approximately lower than 0.06.
2.2

Isolated Coaxial Rotors in Hover OGE
2.2.1

General

A single expression for the· rotor torque (Cac

0

)

of the isolated coaxial configuration in vertical climb

is given in Eq. (1.58) of Ref. 2. This expression can be transcribed for the case of hover OGE as follows:

COco =

(COpr )

co

+

47·6

0 •79C Teo

312

Io

(15)

where the profile-drag torque coefficient (Co I can be assumed as equal to twice the value of that for
pr co
single rotors forming the coaxial configuration:
(16)

Assuming the more general case; i.e., that the rotor blades are tapered (for the definition of taper,

17*, see Fig. 3). the profile torque coefficient derived in the single·section approach for the single rotors of
the coaxial configuration is given in Eq. (12) and thus, for the whole coaxial,
(17)

As in the preceding section, kpr is the taper ratio influence coefficient whose values are shown in Fig. 4,
a is the single rotor solidity ratio (defined as a= bc 1 /1T R = bc 1 /1T), and cdo• as always, is the profile drag
coefficient at c1 0 and the corresponding Reynolds and Mach number values.
The induced torque coefficient is given by the second term in Eq. (15); i.e.,
=

0.79Crco

3/2

!0,

(18)

where Crco is the rotor thrust coefficient based on the total thrust generated by the coaxial configuration,
and ! 0 is the induction coefficient whose value is established as for the single rotors (Fig. 3).
If the blades are tapered, the expression for (C0 . d)
will remain as given by Eq. (18), except that
In
co
the formula for the thrust coefficient will be as given by Eq. (13) and thus, will contain the taper ratio coefficient kr:
(19)

where it should be remembered that a is the solidity ratio for a single rotor.
2.2.2 Comparison of Predictions with Test Results
Using the single-section approach of Ref. 2 exclusively (discussed here in Sect. 2.1.31. Cr vs. Ca and
FM vs. Cr!a relationships were computed for the following coaxial rotors for which full-scale experimental
results and other necessary inputs were available: (a) NACA low-solidity coaxial rotor with tapered blades,
(b) NACA high-solidity coaxial rotor with rectangular blades, and (c) Sikorsky ABC coaxial rotor. For the
cases of (a) and (b), full-scale measurements for the isolated coaxials were available 7 • However, for the ABC
rotor, the authors could not find any data regarding direct thrust and power measurements of the full-scale
rotor; however, the Cp vs. Cw coefficients (based on engine power and aircraft flight weight - not rotor
power and thrust) for the whole aircraft were available (Fig. 10). Following the procedure indicated in Ref. 8,
the Cpco vs. Crco relationship for the rotor alone was computed by assuming that the download amounts to

6 percent of the gross weight, and that power losses due to transmission and use of accessories are equal to
75 hp.
For example, the Cr vs. C0 and FM vs. Crfa values computed for the NACA low-solidity coaxial with
tapered blades are shown in Figs. 8 and 9 in comparison with the full-scale test results presented in Figs. 4
and 6 of Ref. 7.
A glance at Figs. 8 and 9 will indicate that, in general, very good to good agreement between the Crco
vs. Coco and FM vs. Crc 0 /ac 0 relationships as calculated according to the procedures of Ref. 2, and those
experimentally established through full-scale tests, can be registered.
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Similar results were obtained for the NACA high-soliditY coaxial with rectangular blades; whereas
in the preceding case, experimental CT and Co values were based on the direct thrust and rotor torque measurements. But, for the ABC helicopter, where characteristics of the isolated rotor were dedUced from the
flight test results, the predicted figures, on the average, overestimated the Cp values by about 3.5 percent

(Fig. 10). Should, however, the assumed download and power losses (in estimating Cr and Cp's from the
flight test data) be, say, 5 percent and 50 hp, respectively, instead of 6 percent and 70 hp, an almost perfect
agreement with experimental results would be obtained.
After examining the three cases of hovering performance of full-scale coaxial rotors, one tends to conclude that the simple approacl1 (based on a single-blade section) of Ref. 2 appears to be sufficiently accurate

for preliminary performance estimates of coaxial rotors, assuming, as in the case of other rotors, that the rotor

tip speeds are not so high as to generate considerable compressibility effects outboard ?f the 0.7 blade station.
2.3

Helicopter Download in Hover OGE
2.3.1 General

Elaborate procedures for determining helicopter download in hover OGE are described in Ref. 2.
These procedures are based on various shapes of circulation distribution along the blades and vertical drag
coefficient values of the helicopter body components exposed to the rotor slipstream (in many respects,
these procedures are basically similar to those discussed by Keys in Vol. 2 of Ref. 5). But Vil'dgrube also
gives very simple approximate formulas for estimating relative download fLIT= DvfW; i.e., vertical drag-togross·weight ratio) for helicopters of various configurations.
For single·rotor and coaxial helicopters with rotors having rectangular blades incorporating linear

twist of e,w "'5° to 7°, Eq. (2.15) 2 gives the following formulas for LIT values due to the wing (LITwl.
fuselage (LIT,), and horizontal empennage (LIT,.):
LITw

"'

0.375Swlw;

LITt

"'

0.2385,;

LIThe

"'

1.385,.

where Sw = SwhrR 2 is the relative wing area, lw = lw/R is the relative wing span, and

(20)

5,. = s,.hrR'

is the

relative horizontal empennage area.

For the tandem configuration, download on the fuselage would be

Ll T1 ran "= 0.11 bf,

(21)

where b1 = b 1/R is the relative width of the fuselage.
2.3.2 Download Comparisons
The validity of Eqs. (20) and (21) was examined throcgh direct and indirect comparisons.
Direct Comparison Rotor System Research Aircraft (RSRA). Material presented in Ref. 9 probably
constitutes the only available full-scale experimental data regarding fuselage vertical drag in hover. The results
of these measurements are presented on the right-side portion of Fig. 11 (based on Fig. 13 of Ref. 9), while
the horizontal projection of the RSRA aircraft in the helicopter configuration is shown on the left·hand
portion of this figure.
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It can be seen from this projection that in hover only the fuselage is submerged in the rotor slipstream.
Consequently, only the D.T, expression in Eq. (20) was applied for the download estimation, leading to (D.T,)
""0.0245. Using this quantity, the total required rotor thrust was computed and plotted on the graph shown
in the lower portion of the figure. It can be seen that in the 17 ,OOO·Ib gross-weight area, there is complete
agreement between predicted and measured rotor thrust values. At higher weights, the predicted rotor thrust
values tend to become higher than the measured ones. However, an anomaly in the test data in Fig. 11 should

be noted; namely, contrary to expectations, the fuselage drag decreases instead of increasing as the rotor disc
loading increases.
_Indirect Comparisons. Indirect download comparisons were made by computing relative downloads

for single, coaxial, and tandem helicopters from Eqs. (20) and (21). The results were then compared with
figures obtained through detailed analysis. All of the comparisons indicated a very good agreement with
errors in Th values remaining below the ±1 percent range (Fig. 12).
It appears, hence, that in spite of their simplicity, Eqs. (20) and (21) may be considered as useful
tools for approximate predictions of download in hover OGE.
2.4

Helicopter Engine Power Required for Hover OGE
2.4.1

General

In principle, the already discussed approximate approaches for the determination of aerodynamic
characteristics of isolated rotors and estimation of download should provide a way for obtaining most of the
aerodynamic inputs needed for computation of helicopter engine power required in hover OGE. However,
there are aerodynamic interactions (especially in the single-rotor configuration) which require additional
attention. Thus, in order to give the reader a more complete picture of Vil'dgrube's approach to estimating
engine power required through simplified procedures, the appropriate techniques of Ref. 2 are briefly re·
viewed for the single-rotor and coaxial configurations.
The computational procedure is based on determination of shaft horsepower in haver OGE (SHPhJ,eq
per pound of helicopter gross weight (W):
(22)
Once the values of

(SHPhi,eq are determined, they can be converted (depending on the required made of

presentation) into total shaft horsepower required, or into a nondimensional form of the power coefficient
Cp=Ca.
To actually compute the shaft horsepower required, equations from Ref. 2 are rewritten in U.S. units
and symbols as
(23)

where, in hover OGE, Th = T 0 is the factor giving the ratio of the thrust required to balance the gross weight
plus the download (vertical drag Dvi to the gross weight, Tloa is the ratio of the rotor power to the engine
power; i.e., the overall engine power utilization efficiency, CJ 0 , as always, is the average blade-lift coefficient, assumed to exist at the 7 = 0.7 blade section, cd 0 is the profile drag coefficient corresponding to the

r= 0.7 blade station, nR = v, is the tip speed in fps, Io is the
induction coefficient determined from Fig. 3, w is the disc loading in psf, and aP is the relative air density
corresponding to the ambient flight conditions.

C[o value at Reynolds and Mach numbers at the
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The

Th

factor in the most general case of fuselage plus wing and horizontal empennage submerged

in the rotor downwash will be:
(24)
where the llTvalues can be computed from Eqs. 20 and 21.
Using the single·rotor configuration as an encompassing example, the overall engine power utiliza·
tion coefficient (1) 08 ) can be expressed (according to Eq. (2.20) 2 ) as follows:
1Joa =

1 -

Afitx - Aficoo/ -

t:Ji,,.

(25)

-

-

Here, Llf'tx = AP1x/SHP = 0.04 to 0.07 is the relative power lost in the transmission, Llf'cool = APcaatfSHP =
0.01 to 0.02 is the relative power representing cooling losses in the turboshaft-type powerplant, and Af'tr is
the relative power required for the tail rotor, which can be taken as
(26)

The Xrr coefficient in this equation expresses the influence of the main rotor on the tail rotor. It is
indicated in the text preceding Eq. (2.21 )2 that when the tail· rotor blades facing the main rotor move from
down to up, then Xtr < 1.0. When the direction of the tail-rotor rotation is reversed, this coefficient may be
as high as 1.22. Consequently, this value must be separately determined for each of the helicopters selected for
(SHPh )req determination.
The RPtr quantity in Eq. (26) represents the rotor power required by the tail rotor to develop a thrust

Trr equal to the force required to balance the main·rotor torque times the Trr coefficient, which can be exM
pressed as

Ttr

=

1

+ llTtr,

(27)

where the additional relative thrust due to the "blocking effect" for the "pusher-type" tail rotor is (see Eq.
(2.14) 2 ):

llTtr "' 0.21Str

(28)

and for the pulling type
(29)

where Str = StrhrR 2 tr is the ratio of the vertical tail area covered by the tail-rotor disc projection to the·

tail·rotor area.
Should the RP, = f(T,J relationship be known, then the RPtr term in Eq. (26) can be found, once
the tail-rotor thrust is computed as in Eq. (2.21 )2 •

T, = RP(550/URJ(T,rli,J,
where ltr = 1 +

R,

is the relative distance between the main- and tail-rotor axes, and

determining the RP,

= f(T,J

(30)

ii., = R,/ R. The task of

relationship can be acc~plished through a subroutine based on the single·

section approach, which is similar to that of finding (SHPhlreq in hover OGE for the helicopter as a whole.
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2.4.2 Specific Configurations
Single-Rotor Helicopter. The computational procedure for determination of (SHPh) . for the single·
req
rotor helicopter is based on Eq. (23). The highlights of that procedure are as follows.

Reynolds and Mach number values at f = 0.7 blade station under specific ambient conditions are
determined.
The main-rotor thrust-to-weight ratio (Th) is estimated from Eq. (24) and the average blade-lift coeffi·
cients (Ct 0 l, assumed to be equal to CJ 7 at the r = 0.7 blade station, are computed from the following ex-

pression:
(31)

or, assuming that the tip-loss factor X= 0.94 and that Po = 0.002378 slugs/cu.ft,
(31a)

Next the representative profile drag coefficient corresponding to the previously computed c1 0 values
are found from the cd = f(CJ) graphs at proper Re and M values. The induction coefficient (I0 ) is determined
from Fig. 3. Now the specific rotor power terms for profile and induced powers can be computed; the sum of
which gives the total specific rotor power (RP).
The tail-rotor contributions to the '7 08 values start with determination (Eqs. (28) or (29)) of the total
tail-rotor thrust increase factor,
The total tail-rotor thrust required to compensate for main-rotor torque
and overcome the "blocking effect" of the vertical fin can be obtained from Eq. (27), and the corresponding

fr,.

tail-rotor rotor power (RPrrl can be obtained from the RPrr = f{Trrl graphs.
value, the 7708 estimate can be performed {assu.ming transmission {M1x)
After establishing the

x,,

and cooling {Mcooil losses) from the following relationship:
X08 =

{1 - CJ>tx - tJ'cooil/[1

+

X1,(RPrrfRP)].

(32)

Coaxial Helicopter. The procedure outlined in Sect. 2.2 can be used for the determination of the
Co

values for the isolated coaxial rotor with the following modifications.
co
The relative vertical drag {C.T) is computed from Eq. (20) and the total download factor Thco is

determined:
{33)
which leads to the total thrust
(34)
where W is the gross weight.
For the selected gross weights and ambient flight conditions {ap). the corresponding Cfo values are
computed from Eq. {1.22) 2 as
(35)

As always, the cdo corresponding to the above-determined CJo values are obtained from the Ct and cd
relationships at Reynolds and Mactr numbers existing at the blade 7= 0.7 station.

47-11

Having the cz 0 and cd 0 values at given gross-weight levels, Coco is computed, and
tudes in hp/lb can be obtained from the known Coco values as follows:

(siiPhJ,0q

magni-

(361
where (flRI is the rotor tip speed in fps, w is the disc loading in psf, and the overall transmission efficiency
1loa is determined from Eq. (251 where, obviously, the

t::.P,, term is neglected.

2.4.3 Comparison of Predictions With Flight Test Results
The above-discussed simplified methods of predicting (SHPhlreq were compared with flight-test
results for the single rotor as represented by the Boeing Vertol YUH-61A (Ref. 101 and Sikorsky UH-60A
(Ref. 111, and for the coaxial as represented by the Sikorsky XH-59A ABC (Ref. 81. In all cases, three gross

weights (one close to the design value, one higher, and one lower) were examined, leading to good agreements
between predicted and experimental values. The relative percentile deviations of the predicted values from
those obtained from actual flight tests shown in Fig. 13 indicates that those deviations were included within
approximate limits of

+ 3%

to -4%. It appears, hence, that even the simplest approaches of Ref. 2 may be

useful for predicting approximate shaft horsepower required in hover OGE by single-rotor and coaxial helicopters. [Note: Although not discussed in this paper, points for the tandem CH-470 are also shown in Fig.
13.]

However, It should be remembered that in performing the calculations, attention must be paid to
such aspects as tip-loss-factor value should the
3.

(VCT/bl

quantity become higher than 0.025.

Some Basic Aspects of Horizontal Flight Performance
With respect to forward flight, there are many areas where simplified approaches may be quite useful

in facilitating sufficiently accurate predictions of the approximate performance of various helicopter

con~

figurations. Obviously, many such approaches have been discussed in Western literature as well as in Ref. 2.

However, because of space and time limitations, only the simplest method of determining engine power
required in horizontal flight along the lines of Ref. 2 will be discussed here.
3.1

Engine Power Required in Horizontal Flight

Often, it is more convenient to perform calculations of engine power required in horizontal flight

under given ambient conditions by first calculating the so-called specific engine power; i.e., SHP required per
pound of thrust or gross weight (SHPhzl,eq' In Western, as well as Soviet approaches, this calculation for helicopters of all configurations is usually expressed as follows:
(371
where RPpr• RP;nd• and RPpa are profile induced and parasite specific rotor powers, respectively, while 'Tloahz

is the power utilization efficiency factor (overall transmi>Sion efficiency} in forward flight.
In the simplified approach of Ref. 2, all of the above terms can easily be estimated. For instance,
the profile rotor power term (RPprl can be directly determined from Figs. 14 and 15 (Figs. 4.6 and 4.7 of
Ref. 2) once the Crfa value is computed, and angles of the thrust vector inclination (o:, I are roughly estimated.
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The RP;nd term in Eq. (37) can be computed from Eq. (4.16) 2 ; rewritten here as
~

RP;nd =

0.257wl';;/ap V,

(38)

where w is the main-rotor disc loading in psf, V is the speed of flight in knots, and

Op

is the air-density ratio

corresponding to ambient conditions (pressure and temperature). The induction coefficient h accounts for all
the induced power losses resulting from the nonuniformity of the downwash distribution of the isolated
rotor{s), as well as mutual interaction of the rotors. For the single rotor, I~ is identical to I and can be directly
obtained from Fig. 16 (Fig. 3.262 ) at the given advance ratio p. ""' V values. Once again, the corresponding
tilt angle (a,) of the thrust vector should be roughly calculated. The tip-loss factor of 0.94 is already incorporated in the 0.257 coefficient in Eq. (38/.
For both of the cases depicted in Figs. 14, 15, and 16, the approximate forward tilt of the thrust
vector can be determined on the basis of the parasite drag of the nonlifting components as

a, ""' arctan V2 0.0034 V2 fap

(39)

where flight speed V is in knots, f" expresses the ratio of the equivalent flat-plate area (in sq.ft) of non lifting
helicopter components to the aircraft gross weight in lbs, and ap is the air density ratio.
With respect to multi rotor (especially twin-rotor) configurations, the mutual interaction of the rotors
is determined on the basis of the flat-wake concept, which will be discussed separately later.
The third term in Eq. (37). expressing the contribution of parasite drag of non lifting helicopter components, is directly computed from Eq. (4.13) 2 , written here as
~

RPpar

=

1.04 X 10

-5

3A

(40)

V fap,

A

where, as in Eq. (39), Vis in knots and f is in square feet per pound.
In principle, the equivalent flat-plate area of nonlifting components per pound of helicopter gross
weight must be estimated for each of the considered helicopters. However, in order to provide some feeling
A

about the order of magnitude of this quantity, representative levels for fare shown in Fig. 17, based on Fig.
4.3 of Ref. 2.
The power utilization efficiency coefficient in forward flight floahz can be estimated from Eq. (32)
where, for the single-rotor configuration, the relative variation of tail-rotor to main-rotor power ratio with

speed of flight must be assumed as, for instance, in Fig. 18, while the percentile transmission and cooling
losses remain the same as in hover.
3.2

Flat-Wake Concept
3.2.1

General

The flat-wake concept, briefly discussed in Ref. 2, and very thoroughly investigated in Ref. 3, represents an interesting simplified approach toward determination of the induced velocity field generated by a
rotor in horizontal flight. Although the stated validity of that concept is restricted to advance ratios enclosed
2 3
within the following limits ' (expressed in U.S. symbols):
1.63v'C';

<

11- .;; 0.25,

it appears that it can be applied top.> 0.25- even as high asp.= 0.4. However, use of this concept at advance
ratios below the stated lower limit may lead to erroneous results.
47-13

In the Soviet Union, it appears that practical applications of the flat-wake approach are widely used

in interpreting and solving many problems of applied aerodynamics; for instance, main- and tail-rotor interference in single-rotor, and mutual-rotor interaction in multi-rotor, configurations.

In the latter respect, special graphs for estimating induced power of the side-by-side configuration at
various lateral separations of the rotors and direction of rotation are contained in Ref. 2. Also included is a

graph (which will be discussed later) for computing induced power of coaxials and tandems, as well as a procedure for combining the information from the coaxial and side-by-side graphs in dealing with the induced
power problems of the quad- and tri-rotor configurations. Furthermore, the flat-wake concept is also used

for the interpretation of the rotor-wing interaction in forward flight.
By contrast, in the West, it appears that except for the studies of Ormiston (Ref. 12), little attention has been focused on this concept. Consequently, at the present time, only Soviet data can be used.
In view of this, it would be especially interesting to check the validity of the flat-wake scl1eme by comparing
predicted induced velocities at various points in the rotor space with those actually measured.

3.2.2 Comparison of Flat-Wake Predicted and Measured Downwash Components
Fig. 19 (Fig. 4.28 of Ref. 5) shows the downwash velocity (ily = f(>j;) atr= 0.7) computed for a rotor
with flat, untapered blades having

a= 0.07, and operating at "d = 0°, fJ. = 0.15, and Cr = 0.0006. The vy (>/;)

relationship represented by dashed lines was first computed for circulation constant with the azimuth and
varying only with (r) according to Eq. (4.91 )2 • Then, the variation of circulation with the azimuth (solid
lines with crosses) was considered; assuming that r = r 0
figure that the assumption of r(>J;) =canst at

+ r,

sin >J;

+ r2

cos 2>/J. It can be seen from this

r= 0.7 has little influence on the ily values, also computed at

f = 0.7. In both cases, a satisfactory agreement with test measurements is shown, although the Vy values
computed on the r(>J;) =canst assumption appear to be even closer to the experimental results.
Another example for the validity of the flat-wake concept can be provided by Fig. 20 (also reproduced
in Ref. 5 as Fig. 4.29). Here, the flat-wake predicted downwash relative values (i' = -1.0 tor= 1.0) are compared at several azimuth positions; again showing relatively good agreement.
From the two examples (based on Soviet sources) of a comparison of rotor downwash velocity in
forward flight as predicted by the flat-wake method with actual measurements, it appears that the flat-wake
concept, in spite of its relative simplicity, can be a useful practical tool tor predicting flow fields generated
by a rotor in forward flight.

3.3

Aerodynamic Interaction of Twin-Rotor Configurations

3.3.1

General

Aerodynamic interaction of twin rotors, as developed by the flat-wake concept, is of special interest
for the coaxial and tandem configurations since they permit one to determine the

I~

factor in Eq. (38). For

the coaxial (Eq. 3.35 2 ):

(41)

where 15 ,, obtained from Fig. 16 (15 , = J), is the induction factor for the single rotor, and Xco expresses the
ratio of the induced velocity averaged over the disc of the upper rotor generated by the lower rotor to the induced velocity of the lower rotor, also averaged over the disc. It can be anticipated that the inductive influence of the lower rotor on the upper one would strongly depend on their relative separation 6' 1 = yJR).
This is clearly evident from Fig. 21 (corresponding to Fig. 3.28 2 ), where Xco= f(jl 1 ) is shown.
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Similar to the coaxial, the tandem vertical separation of the rotors; namely, relative elevation of
the rear rotor over the front rotor, is the most important parameter. Furthermore, according to Ref. 2, the

graph shown In Fig. 21 can be used for determination of the 1~, factor in Eq.( 38). This time, the induced
""' an
.
power factor is expressed as
(42)
where, as before, Isr is the induction factor for the single rotor obtained from Fig. 16 (Isr = I).
3.3.2 Actual Comparisons
Coaxial. Because full·scale test data for coaxial rotors could not be located, results of wind-tunnel
investigations of a small model (Refs. 13 and 14) were used. In Fig. 12 of Ref. 14, the Crfa vs. Co/a relationships are shown at f.1. ~ 0.16 with a rotor disc angle of 0°, while relative separation of the rotors was .Y1 =
0, 0.21, 0.42, and 0.63. Using numerical inputs represented by the test points, ratios of induced power of
rotors with the non-zero separations to that of the rotor with zero gap (four-bladed rotor) were calculated,
assuming as in Ref. 13 that the blade cdmfn = 0.0148 (open symbols in Fig. 22). In order to investigate the
sensitivity of the results to the estimated profile power levels, a lower minimum blade profile drag value
of 0.0128 (instead of 0.0148) was assumed, and the induced power ratios were recalculated and marked as
closed symbols in Fig. 22. The experimentally obtained induced power ratios were then compared with those
based on Fig. 21. Finally, the curve of RPind-yfRP;ndy=O' shown in Fig. 22 was computed from the following
relationship:
RP;ndy- /RP;nd1

where

v 1=0

=

(1

+

Xc 0 )/2,

(43)

was read from Fig. 21, and the denominator "2" corresponds to the zero-gap case.
A curve showing the induced power ratios established through a simple momentum approach assuming an increase in the cross-section area of the slipstream due to rotor separation - is also shown in
Fig. 22.
Comparing the curve based on Ref. 2 with test-derived points resulting from the assumption that
Xco

the blade cd 0 mm
• = 0.0148, one would see that although the trend indicated by both approaches is similar,
there are noticeable differences in the predicted induced power ratios.
An assumption of cdmin = 0.0128 (closed symbols in Fig. 22) indicates that the points corresponding
to Crfa = 0.04 and y 1 < 0.42 would now come quite close to the curve based on Ref. 2. However, the point
corresponding to y 1 = 0.63 and all points related to Crfa = 0.06 would still suggest that relative reductions
in induced power of the coaxials with respect to the zero-gap configuration would be about 10 to 12% better
than predicted by Ref. 2.
In view of these discrepancies and sensitivity of the results to the blade profile-drag assumption, an
additional verification of Fig. 21 regarding the induced power aspects of coaxial rotors in horizontal translation appears appropriate.
While not discussed in detail in this paper, it is interesting to note that results of Boeing-Vertol model
wind-tunnel tests indicated that the approach based on Ref. 2, and reflected in Fig. 21, tends to under-predict
the induced power coefficients in forward flight of tandem• by a relative deviation ranging from about 7
percent at small rear-rotor elevations (Y 1 "'0.1), to about 3 percent wheny 1 "'0.75.
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3.4

Tests vs. Predicted SHP Required in Horizontal Flight
3.4.1

UH·60A SHP Required

Engine power required in horizontal flight at a gross weight of 15,000 lb and a density altitude of
2060 ft (ap ""0.94) was selected for comparison.
The equivalent flat·plate area for parasite drag of nonlifting components was estimated as f = 27
3
sq.ft. This corresponds to f = 1.66 X 10- at the primary mission gross weight of 16,200 lb. It can be seen
A
from Fig. 17 that these f values are close to those given by curve 3, corresponding to contemporary heli~

copters.
The estimated engine power required was plotted in Fig. 23. Looking at this figure, one will note that
in the considered case, engine power-required predictions based on the simplified approach of Ref. 2 are
very good, with the exception of the high-speed point at 161.9 knots.
3.4.2 Relative Deviations in SHP Required for the UH·60A and CH·47D Helicopters
Relative deviations between the computed and test-determined SHPreq for the UH-60A are plotted
in Fig. 24, where relative deviations in SHProq are also shown for the tandem helicopter (CH-47D at 33,000·
lb gross weight). As in the single-rotor case, the highest deviations, which are underestimates in both cases,
appear in the Vmax region. This may be due in part to the fact that in the simplest approach of Ref. 2 used
in the computation, constant values of the equivalent flat-plate areas were assumed where, in fact, they may

increase at high speeds due to the varying attitude of the fuselage.
4.

Concluding Remarks

Approximate simplified methods for helicopter performance predictions that can be applied with
confidence to such engineering tasks as concept formulation and preliminary design are, in principle, available
in both the West and the Soviet Union. However, in the West, they are mostly remnants of past efforts in
the fifties and sixties and, although their accuracy is quite good 1 , there is little effort to either update them,
or develop new ones. By contrast, it appears that in the Soviet school, there have been more recent efforts
to systematically develop simplified, but sufficiently accurate, approaches to rotary-wing performance pre·
dictions and present them under the form of simple analytical expressions and auxiliary graphs; thus making
them well suited to many practical tasks of rotary-wing design.
Vil'dgrube's book 2 , which exemplifies that trend in the Soviet Union, was examined and a number
of the simple methods and procedures presented were selected and reconstructed, using U.S. symbols and
measurement units, making it easier for the Western reader to follow and apply them. These methods were
also used in comparing predicted values with the results of mainly full·scale tests of Western products.

Examples of such comparisons were given in the following areas.
Single and Coaxial Configurations in Hover, OGE

1.
2.
3.

Predictions of isolated rotor characteristics.
Determination of download of complete helicopters.
Predictions of engine power required.
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Horizontal Flight
1.

Determination of engine power required in horizontal flight for single·rotor

helicop~ers.

On the basis of comparisons of predicted values with tower and flight test results of Western heli·
copters, it appears that in the field directly related to performance predictions of

single~rotors

and coaxials

in hover, and the single·rotor horizontal flight, the simple methods and procedures based on Vil'dgrube's
approaches produce results that are in good, or even often very good, agreement with experimental results.
Consequently, they may be recommended for such practical engineering applications as concept formulation and preliminary design of helicopters.

Extensive use of graphs is made in the Soviet simplified approaches. This appears to be in sharp con·

trast to current Western practice where, with ever-increasing reliance on computer programs, techniques of
'earlier days' of prescribing necessary inputs under the form of work graphs has almost disappeared 1 •
It should be noted, however, that some graphs from Ref. 2 should be applied with caution, particularly
to such cases as determination of specific rotor profile (RPprl in horizontal flight, or estimation of the indue·

tion coefficient (10 ) for isolated rotors in the same regime of flight. In both cases, various assumptions were
made when the graphs were developed. Should, in actual cases of determining isolated rotor characteristics
or helicopter performance, the rotor parameters and operational conditions be radically different from the
specified ones, suitable corrections to the values obtained from the graphs should be applied.
Among the various simplified approaches of Ref. 2, perhaps the flat·wake concept, which in the
Soviet school is useful in explaining and providing approximate relationships for many aerodynamic phenomenon of horizontal flight, should attract more attention in the West.
In general, one may state that, of course, it would be foolish to turn the clock back and forego all
the opportunities offered by constantly advancing computerized techniques to develop potentially more and
more precise ways of treating all aerodynamic phenomenon of rotary-wing aircraft. Nonetheless, it appears
that it would still be desirable to continually devote some effort in the West to formulate accurate, but
at the same time, as simple as possible approximate relationships that could be applied with confidence to
many areas of engineering aerodynamics. As a guide to determine the areas of application and degree of
sophistication, we wish to repeat after Gessow 1 a saying of Albert Einstein:

"Things should be done as

simply as possible, but not simpler."
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TAPER RATIO 1} *

Figure 4. Coefficients

kr and

kpr vs. blade taper ratio

SQUARE TIP BASELINE HOVER PERFORMANCE

Figure 1. Blade-section lift coefficient vs. blade-section
pitch angle for the YUH-61 A rotor
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ZERO VERTICAL

OOAO liNE

\

,,

1~

GROSS WEIGHT, lb

Figure 11, Load-cell system lift measurement vs. corrected gross weight for hover OGE

47-20

20 )( lol

o.Hi

N~YL

!1.10

.,"

o.os

---

-4fl·-»l

•

0

0.20

·c" ~o

-d
--zo•

,,,

'I-.

0,16

•
I

0.06

,..

•

0

,

-- -,......
"'

'"

0.10

,.......

'

'"'

0

200 Koou

)00

Figure 15. Determination of RPpr at nR = 720 fps, where (a) corresponds to Crla = 0.08, and (b) corresponds to Crla = 0.09.
Hatched lines indicate incipience of blade stall.

Figure 12. Relative deviations of thrust to gross-weight
ratio in hover OGE
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8 @ -15°, and 9 =Imin· I= lr,:::::: CDnst at
0.07 ~ a<; 0.13.and 0.065 ... Crla<; 0.11.
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Figure 13. Summary chart of relative deviations com-

puted from test-established engine power
in hover OGE
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Figure 14. Determination of RPpr at nR = 720 fps, where (a) corresponds to Crla"" 0.06 and (b) corresponds to Crlo = 0,07.
Hatched lines indicate incipience of blade stall.
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Figure 17. Equiv.alent flat-plate area of nonJifting
components per pound of gross weight

Figure 18. Relative variation of the tail-rotor to the main-rotor ratio
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Figu(e 19. Comparison of predicted and measured Yy = f(!p) ati" = 0.7
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Figure 23.

"

Ccrnrmirnr• 'lr ·('ll"f'''""'~ ,..,nr! ;;;:t-fliallt-et.tablished
engine pr:w•rn l''quir!'d ''~. ~P'>:>-1 lor UH-GOA helicopter
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Figure 20. Predictions compared with tests of
Vy(f) at several azimuth angles
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Figure 24. Relative deviationr; of $Hf' Jeq··if'''; 1:, 11:·1i1•)r1F:d flight c:s computed
by the mothoc!J; of Ref. 2 frrJm t!v: ··~tt<l'·f!-;I1Nl by flight tests
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Figure 21. Graph for determining I J.; for coaxials and tandems
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